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Fig. 4. Coupling of the whole hybrid versus frequency.

a=0.6 mm and ¢=1.23 mm. The character-
istics of the fourteen-slot couplers used are
shown in Fig. 2. The couplers used have a
coupling higher than 2.6 dB over 2350 MHz
(bandwidth of 23 percent). The VSWR mea-
sured at one port when all the others are
matched is less than 1.08 between 8 and 12
GHz and the directivity is better than 30 dB.
The quadrature phase shifter is constructed
by inserting, in the waveguide (RG 52/U), a
dielectric slab tapered at both ends to mini-
mize reflections.

The dimensions of this slab have been
calculated from the theory described by Hal-
ford [3] and Altmann [4].

The whole junction we built [5] is realized
with two fourteen-slot couplers and one /2
phase shifter designed as above. For this whole
Jjunction we measured the directivity, the cou-
pling, and the VSWR at one port when all
the others were matched. The results are
shown in Fig. 3 and Fig. 4. The VSWR is less
than 1.1 between 8.3 and 12 GHz. The most
interesting property remains the decoupling
between the input 1 and the output 4 when
arms 2’ and 3’ are terminated by two identical
impedances (here short circuits), This decou-
pling is higher than 40 dB for the two fre-
quencies where the coupling of each coupler
is exactly 3 dB. We have shown that a junc-
tion endowed with the magic tee properties
over a range wider than 3 GHz in the X band
could be obtained.
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Normal Incidence on Semi-Infinite
Longitudinally Drifting Magneto-
Plasma: The Nonrelativistic Solution

The purpose of this correspondence is to
present a nonrelativistic solution to the prob-
lem of normal incidence of electromagnetic
waves on a semi-infinite longitudinally drift-
ing homogeneous cold magnetoplasma. Re-
flected and transmitted waves from the drift-
ing boundary are found and the results are
identical with a relativistic solution presented
by Chawla and Unz [1].

Let a linearly polarized plane electromag-
netic wave in free space be normally incident
in the positive z direction on the drifting
boundary of a semi-infinite cold magneto-
plasma which is drifting with a constant
velocity fo=vo? with a superimposed static
magnetic field Ho=H,%; the incident wave
will be given by

Er = Exla‘éei(“’”‘k”);

H;
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where E,! is a constant, w; is the circular fre-
quency of the incident wave,

wr —
kr = 7 = wrv/ e,

7=/o/es, and o, & are the free space per-
meability and permittivity, and %, §, # being
the corresponding unit vectors.

The drifting gyrotropic plasma boundary,
assumed to be located at z=v,r, will produce
in general two reflected waves in free space

Em = ExRx‘ei(th+kRz) ;

— 1
Hri = — — B R§eit@Rtthrs) (28)
n
Em — EyRy‘ei(thH;Rz);
— 1
Hgsy = — B, Riei(RrHRd (2b)
7

where E.E, and E,® are constants, wg is the
circular frequency of the reflected wave, and

wR —
kr = P wRV Moo

In addition, one will have transmitted
waves in the drifting magnetoplasma of the
type ei@rt~*ra), From Maxwell’s equations
one obtains for the plasma waves [2]

k
Ho=-—2 g--"%g,
Howr ]
k
=" g-=-"g (3a)
MHowr 1
«(n? — 1)E, = sP,;
«(n? — DE, = sP, (3b)

where s=1-—n8z, wr is the circular frequency
of the transmitted electromagnetic plasma
waves, kr is the corresponding wavenumber,
P,, P, are the space polarization components,

v

=2, ar_c

c wrp Up
is the refractive index, and u, is the phase
velocity of the wave in the drifting magneto-
plasma. From the constitutive relations, one
has for the plasma waves [3]

«oXrl, = — UpP, — iY7P,y,
eXrly = — UrPy + 1 Y7P,

(4a)
(4b)
where the notation by Budden [4] has been
used taking

2
wp WHL v
Xp=-2, Yr=222, 7z, =2,
T [&/4 wr

UT =8—1‘ZT= 1 —nﬂL ——'iZT,
wp bping the plasma frequency, wmz the
longitudinal gyromagnetic frequency, and »

the collision frequency of the plasma. Substi-
tuting (3b) into (4), one obtains

[Ur@nt—1)+sX7|B. = —Yr(n*~1)E, (5a)
{Ur(n*—1)+sXr|By= +iYr(n*—1)E,. (5b)

By equating the determinant of the homo-
geneous equations (5) to zero one may obtain
for a nontrivial solution
@ ~ D1 —ngr — iZ F ¥r)

+ A —nB)Xr =0 (6)
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where (6) is the well-known cubic refractive
index equation [3] for the longjtudinally drift-
ing magnetoplasma, with respect to the circu-
lar frequency wr of the transmitted plasma
waves. From (3) and by dividing (5) one may
obtain the wave polarization of the plasma
waves

E, P, H,
E, P, H,
where (7) is identical with the classical mag-
neto-ionic theory for stationary plasma [4].
_ The effective values of the electric field
Eet and magnetic field He; of moving
medium are given [5] by
Eats = E + 50 X poH
Eeff =H — T X eoE.

=+ ()

(8a)
(8b)

It has been shown [6] that the tangential
boundary conditions at a moving boundary
require

AX [Bet]-t=0, aX[Heu]*=0 (9)

where there is no surface current density on
the boundary and [F]_* represents discon-
tinuity F*—F~ with + signs relative to 7.
Substituting (8) into (9) for the present case
of no £ field components, one has

2 X E — vouoH frsyim

=[tXE~ Uoﬂoﬁ]z=vto+ (10a)
[2 X B + voeoE]smvye—

= [2 X H + v46E] szt (10b)

where z=uvof — represents the free space side
and z=uv,¢4 represents the plasma side of the
drifting boundary.

In order to obey the boundary conditions
(10) at the drifting boundary, all waves will
be required to have the same exponential time
variation at z=uvf, lLe.,

wit —kpo =wrt +kpvet =wrt —krt. (11a)

Usin_g the above definitions one has the
requirement
wr(l — Bz) = wr(l + B1)
= wr(l — nBL) (11b)
where 8z =vo/c, and n=c/u,. Assuming that

the source frequency w; of the incident wave
is given, one may find

(&) «@ 1—-‘8L
R = ;
11+ﬂL
1 -
wT:wl—].T’I’L‘Bﬁ_LL. (110)

Because of the boundary conditions at the
drifting boundary, the frequency of the
reflected wave wg and of the transmitted wave
in the plasma wr are given in terms of the fre-
quency of the incident wave by (11c). Defin-
ing a new set of plasma parameters with
respect to the circular frequency w; of the inci-
dent wave, denoting

Xr=

and

—(1 + 8z 0 +(1 — mpr)
[ 0 —i1 +6z) +( — B
I_ 0 +i(l + 61) +m — Br)

+(1 + 6L) 0 “+(m — Bz)

and using together with (11c) in (6), one
obtains

(1 —Br)m? — [l — 8 — iZiF Yi]
+ X1 —ngr)2=0. (12)

Equation (12) is a quadratic equation for the
refractive index n=c/u, of the drifting
plasma, as compared to (6) which is a cubic
equation. In general, one will have four dif-
ferent solutions for » in (12), two for —Y;
and two for +-Y7; one of each pair will repre-
sent transmitted characteristic waves in the
drifting plasma in the positive z direction and
their refractive indices will be denoted by m,
and #n,, respectively.

Using (3a) and (7) one has for the first
transmitted plasma wave (n=n;; R= —i)

Epy = BE,0(% — 19)ef@r,dry2) (13a)

B g . .

Hrpy =4 — E,W (% — {§)e“rit7r2>  (13b)
0

where E,( is a constant,

w (5] 1 - IBL
1= 0T
1 —niB1
and
niwr; mwr 1 — B
kry = = —
¢ ¢ 1 —niB1

The corresponding second transmitted plasma
wave (n=1n,, Ry= i) will be

Ero = B9 (3 + if)ei@rai-trsd) (142)

Hrs = — i 2 E,®(§ +i§)e@rtFr (14b)
1

where E, is a constant,
_ 1— gy
wrs = wr m
and

Mowras  Mowy 1 —Br
1 — nsBr

kre =
c c

Both waves are circularly polarized but in op-
posite directions; because of the boundary
conditions at the drifting boundary, the
waves will propagate with different circular
frequencies wr, wre in the plasma for the
same frequency w; of the incident wave.

Assuming that the amplitude E,/ of the
linearly polarized incident plane wave in (1)
is known, one can find E. %, EZ of the re-
flected waves in (2) and E,®, E,® of the
transmitted waves in (13) and (14) by using
the four boundary conditions in (10) at the
drifting boundary z=u,. Substituting (1), (2),
(13), and (14) in the boundary conditions
(10), cancelling the identical exponential time
variations at z=uv,f, taking

Volto Vo

00607/=‘—=7=.3L
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and rearranging, one obtains

+(1 — ngﬁL) YR " 1-8;
S Y N

—(ns — Bz) Ex(DJ = 9 E.I (15)
+ e — ) A E,® 1 — 8z

where (15) is identical with the result found
by Chawla and Unz [1] for the relativistic
case. Once m and n; for the transmitted
plasma waves are found from (12), one may
find reflected waves E,E, E,E and the drifting
plasma transmitted waves E:%, E;® in terms
of the incident wave E; after multiplying
(15) by the inverse of the square matrix.
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An Experimental Gas Lens
Optical Transmission Line

The advent of successful gas Jenses [1]-[4]
started investigations of their performance in
optical transmission lines. A test line of
spaced thermal gas lenses was built at Holm-
del in a long corridor using parts and tech-
niques available from previous circular wave-
guide work.

The gas lens elements of this line consisted
of copper tubes 15 cm long with an inside
diameter of 6.3 mm and an outside diameter
of 9.5 mm. They were heated by a single
layer winding of number 34 enameled re-
sistance wire having a total resistance of 1400
ohms. A thermocouple was soldered to the
center of each lens tube to determine its
temperature.

Each lens element was foamed in place in
the center of a one-half meter length of 2-inch
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